This makes easy a conceptual proof of the result (see Theorem 6.39 [1] , Theorem 3 [2] or Theorem 1 [4] ) that a semigroup is primitive and regular if and only if it is a O-direct union of completely 0-simple semigroups.
The above theorem can also be used in an obvious manner to simplify the statements of the results of Section 3, Chapter II of Lallement [3] , in particular Theorem 2.17 [3] .
We use wherever possible notations and conventions from Clifford and Preston [1] .
2. The natural orderings. We shall prove in fact (see Theorem 1) a stronger result than the one above. The idea for the proof of this theorem came from the proof of the lemma in Warne's paper [6] . In fact Warne effectively proves Theorem 1 for the special case of a regular semigroup with only two principal factors, both completely 0-simple.
We prove first the following lemma. In either case ab = 0, and so S is the 0-direct union of the subsemigroups {/ x u{0}: xeS\{0}}. But for each xeS\{0}, J X KJ{0} is isomorphic to the principal factor J(x)fl(x) and hence is 0-simple and thence completely 0-simple.
Conversely, since a completely 0-simple semigroup is primitive and regular, it is clear that a 0-direct union of completely 0-simple semigroups is also primitive and regular.
